Abstract. Let f (x) be the product of several linear polynomials with integer coefficients. In this paper, we obtain the estimate log lcm (f (1), . . . , f(n)) ∼ An as n → ∞, where A is a constant depending on f .
Introduction
The first significant attempt for proving the prime number theorem was made by Chebyshev in 1848-1852. In fact, Chebyshev [2] introduced the following two functions:
where p denotes a prime number and x denotes the greatest integer not exceeding x. The prime number theorem asserts that ϑ(n) ∼ ψ(n) ∼ n. Thus the asymptotic formula log lcm 1 i n {i} ∼ n is equivalent to the prime number theorem. From then on, the topic of estimating the least common mul- Let h and l be any two relatively prime positive integers. The renowned Dirichlet's theorem says that there are infinitely many prime numbers in the arithmetic progression {hm + l} m∈N . Furthermore, if we define
then the prime number theorem for arithmetic progressions says that
For an analytic proof, see Davenport [5] . Moreover, Selberg [10] gave an elementary proof of this result. In this paper, we concentrate on the least common multiple of a sequence of products of linear polynomials with integer coefficients. Throughout, for any polynomial g(x) = a n x n + · · · + a 0 with integer coefficients, we define
d is a primitive polynomial. Thus it suffices to give the estimate for primitive polynomials. As usual, let Q and N denote the field of rational numbers and the set of nonnegative integers, resp. Define N * := N\{0}. For any prime number p, we let v p be the normalized p-adic valuation of N * , i.e., v p (a) = s if p s a. For any two positive integers a
